
áÌÇÅÂÒÁ × îÅÚÁ×ÉÓÉÍÏÍ, �ÅÒ×ÙÊ ÓÅÍÅÓÔÒ, 10 ÏËÔÑÂÒÑ 2011 Ç. ìÉÓÔÏË �6ðÏÄ�ÒÏÓÔÒÁÎÓÔ×Á É ÏÔÏÂÒÁÖÅÎÉÑá6.1. ðÕÓÔØ V { ×ÅËÔÏÒÎÏÅ �ÒÏÓÔÒÁÎÓÔ×Ï, U , W | ÅÇÏ �ÏÄ�ÒÏÓÔÒÁÎÓÔ×Á. ðÏÓÔÒÏÊÔÅ ÅÓÔÅÓÔ×ÅÎ-ÎÙÅ (ÎÅ ÉÓ�ÏÌØÚÕÀÝÉÅ ×ÙÂÏÒÁ ËÏÏÒÄÉÎÁÔ) ÉÚÏÍÏÒÆÉÚÍÙÁ) U + V = (U ⊕W )=(U ∩W );Â) (U +W )=U =W=(U ∩W );×) V=(U +W ) = (V=U)=(W=(U ∩W )).á6.2. ðÕÓÔØ V | ×ÅËÔÏÒÎÏÅ �ÒÏÓÔÒÁÎÓÔ×Ï, Ui | ÅÇÏ �ÏÄ�ÒÏÓÔÒÁÎÓÔ×Á. ÷ÅÒÎÏ ÌÉ, ÞÔÏÁ) dim(U1 + U2) = dimU1 + dimU2 − dimU1 ∩ U2;Â) dim(U1 + U2 + U3) = dimU1 + dimU2 + dimU3 − dimU1 ∩ U2 − dimU2 ∩ U3 − dimU3 ∩ U1 +dimU1 ∩ U2 ∩ U3?á6.3. úÁÆÉËÓÉÒÕÅÍ ×ÅËÔÏÒÎÏÅ �ÒÏÓÔÒÁÎÓÔ×Ï V .Á) äÏËÁÖÉÔÅ, ÞÔÏ ÌÀÂÙÅ Ä×Á �ÏÄ�ÒÏÓÔÒÁÎÓÔ×Á ÏÄÉÎÁËÏ×ÏÊ ÒÁÚÍÅÒÎÏÓÔÉ �ÅÒÅ×ÏÄÑÔÓÑ ÄÒÕÇ× ÄÒÕÇÁ Á×ÔÏÍÏÒÆÉÚÍÏÍ ÏÂßÅÍÌÀÝÅÇÏ �ÒÏÓÔÒÁÎÓÔ×Á. óÆÏÒÍÕÌÉÒÕÊÔÅ É ÄÏËÁÖÉÔÅ ÓÏÏÔ-×ÅÔÓÔ×ÕÀÝÉÅ ÕÔ×ÅÒÖÄÅÎÉÑ ÄÌÑ (Õ�ÏÒÑÄÏÞÅÎÎÙÈ) Â) �ÁÒ ×) ÔÒÏÅË �ÏÄ�ÒÏÓÔÒÁÎÓÔ×.Ç*) äÏËÁÖÉÔÅ, ÞÔÏ (ÎÁÄ ÂÅÓËÏÎÅÞÎÙÍ �ÏÌÅÍ) ÓÕÝÅÓÔ×ÕÅÔ ÂÅÓËÏÎÅÞÎÏ ÍÎÏÇÏ ÎÅÉÚÏÍÏÒÆÎÙÈÎÁÂÏÒÏ× ÞÅÔ×ÅÒÏË �ÒÑÍÙÈ × Ä×ÕÍÅÒÎÏÍ �ÒÏÓÔÒÁÎÓÔ×Å (Ô.Å. ÄÌÑ ÞÅÔ×ÅÒÏË �ÏÄ�ÒÏÓÔÒÁÎÓÔ×ÚÁÄÁÞÁ ÎÅ ÉÍÅÅÔ \ÄÉÓËÒÅÔÎÏÇÏ" ÏÔ×ÅÔÁ).á6.4. ðÕÓÔØ A | ÔÁËÏÊ Ï�ÅÒÁÔÏÒ ÎÁ ×ÅËÔÏÒÎÏÍ �ÒÏÓÔÒÁÎÓÔ×Å V , ÞÔÏ A2 = A. äÏËÁÖÉÔÅ, ÞÔÏV ÍÏÖÎÏ ÒÏ×ÎÏ ÏÄÎÉÍ Ó�ÏÓÏÂÏÍ �ÒÅÄÓÔÁ×ÉÔØ × ×ÉÄÅ �ÒÑÍÏÊ ÓÕÍÍÙ U ⊕ W ÔÁË, ÞÔÏ A |�ÒÏÅËÔÏÒ ÎÁ �ÅÒ×ÏÅ ÓÌÁÇÁÅÍÏÅ.á6.5. ðÕÓÔØ A : U →W É B : V → U | ÌÉÎÅÊÎÙÅ ÏÔÏÂÒÁÖÅÎÉÑ. äÏËÁÖÉÔÅ, ÞÔÏÁ) rk (AB) ≤ rk (A), rk (AB) ≤ rk (B);Â) |rk (A)− rk (B)| ≤ rk (A+B) ≤ rk (A) + rk (B).


